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E]E B' AYKEIOY

i OETIKH & TEXNOAOTIKH

q)E snavg?\nnrmd KATEYOYNZH

wwodfegr OEHATA MAGOHMATIKA
AMNMANTHZEIZ

OEMA 1°

A. a. 2xX0oAIKO BIBAio ceAida 61.
B. ZX0AIKO BIBAio oeAideg 60,61.

B. a. (Z), B. (2), V. (A), 8. (Z), € (A).

OEMA 2°

a. i) ‘Eotw 61 Ta onueia A, B, I eival cuveuBeiokd. Tote AB//BI, omdTe
det(ﬁ, ET'):O.
AMG AB =(4-2,5-0)= (2, 5) ki BT =(6—4,k—5)=(2;k —5).

2 ,
Apa 5 =02(k=5)-5-2=0<2k-10-10=0< k=10, 10U €ival

ATOTTO AQOU K = 10. 2uvemwg Ta A, B, I" dev gival cuveuBeliakad.

ii) Av M 1o péoo tng Al, T10T1E M(%O—;Kj:@%j H eubeia TtTOU

diEpxeTal atrd 10 B(4, 5) kai TO M(4, g] gival Trpogavwg N (€) - x = 4.

B. A6 uTOBEON: (ABF)zS@%‘det(ﬁ, AF) =3 (1)
AMS AB=(2,5) kai Al =(6-2,k-0)=(4,k) ,ométe n (1) 10080Vapa

YpPAQETAl:

12 5 , .
E' A =8 |2k-20=16<>2k-20=16 | 2k-20=-16 < K=18 A K =2,
K

dpa (6,18) A T(6,2).
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y- Nak=2c¢ivail(6,2)

EUpeon 1nc e€iowonc 1NC euBsiac (n) (e€iowon Uwouc):
2-5 3, 2 ,
oS 4 apa Ay = 3 (AQOUA ) Agr =—1)
kal eTTeidr) N (n) Oi€pxeTal atmod 1o A(2, 0) €XOUME:

w-0 :E(X—Z) 2= L|J:§X—§ TTou €ival n egiowan TG (n).

[a TNV gupeon 10U onueiou A:AUVOUUE TO CUCTNUA TWV EEICWOEWV (€), (N)
‘ETou:

X=4 X=4 X=4 4
4 & 24 4 & 4 ,dpaA(4,§)
X——= =—4-— ==
3 v 3 v 3
OEMA 3°

a. H egiowon (1) 100d0vapa ypd@etal: (3—p)x* +(H+2)Y* = (U+2)(3—H) Kalyia

VO TTAPIOTAVEI KUKAO, TTRETTEI (APXIKA) VA IOXUEL 3 = = p+2 ONA. u :%. H
TTPONYOUMEVN £Eiowan yia W= % yiveral:
- F '
XY= oX Y ==,
2 2uJ 4 ¥
TTOU €ival e€iowan KUkAou kévipou O(0,0) kal akTivag p=\/§.
. 1
EtTopévwg p= 5
B. lNa va mmapioTtdavel EAAeIYn n e€icwan (1), Ba TTPETTEI va 1I0KUOUV:
M+2>0 M>-2
3-pu>0 << P<3 & 2<p<3 Kal pi%,dpa pe(—z,%ju[%ﬁj.
M+2#3—-p 1
M7 3
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1
. Nape| -2, —
Y H ( 2)
. . 1 1 5
i) Eivau —2<p<5<:>0<p+2<2+5<:>0<p+2<5 (2)
Kal —2<p<l<:>2>—p>—l<:>—l<—p<2<:>3—l<3—p<5
2 2 2 2

<:>§<3—p<5 (3).

ATTO (2) kai (3) ouuTrEpaivoupe 0TI 3 — 4 > U + 2, ommdTe O’ =3 - Kal
2 2

B> =u+2, dnAadn n EAAeipn E£xel TN HOPQN X—+LP—2:1, ETTOPEVWC Ol
a

BZ

€O0TIEC TNC BpiokovTal TTAVW OTOV Afova YW y.

ii) Exoupe o =3—p, B*=p+2 dpa y’ =a’ - =(3-y)—(u+2)=1-2y.

MNa TNV eKKEVTPOTNTA € TNG EAAEIYNG IOXUEL:
2

Y . y' 3 3 1-2u
E=—, OTMOTE — =—&> —=—""S4-8u=9-3usu=-1.
a o> 4 4 3-p H HH
OEMA 4°

Mo A(=1,w) kai B(2x,w) pe O(0,0) éxoupe OA = (-1,p) kai OB = (2x,p) oToTe:

A. Apoy OA L OB, 161¢ ﬁ-o_é:o@—l-zxﬂy-\p:OQqﬁ:ZX TTOU €ival
gCiowan tmapaBoAig Cq pe 2p = 2 & p = 1, OuveETTwg n €oTia gival 10

onpeio E(% Oj N E(% Oj kai dieuBetouca O gival n eubcia pe eCicwon
p o 1

X=—= N xX=——.
2 i 2

B. Exoupe OB +30A =15 c>|@|2 +3|07|2 ~15&

2 2
J(2X) +w? 13y(-1) +y? =15 4x2 1y +3(1+L|J2):15 ,apa

AP +P 33 =15 o axi HAY =12 o X+t =3 Tou  eival  e€iowaon
KUKAOU C3 pe Kévtpo O(0, 0) Kai akTiva R =+/3 .

. a) lMNa ra koiva onueia Twv Cq, C2 AUvoupue 10 oUCTNA:
\V2:2X \V2:2X x =1 , x=-3
2 2 < 2 < 2 n 2
X +y =3 X +2x-3=0 Yy =2 Yo =-6
x=1

Y=v2 7 p=—2
Kolva onueia Twv Cq, Cy givail 10 K(l, \/5) Kal TO /\(1, —\/E).

TTOU €ival aduvaTo, ETTOUEVUWG EXOULE : { Apa 1a

Ta 6épara poopidovTal yia amroKAEIOTIKN XpAON TNC ¢POVTIOTNPIAKAG HOVAdAC 3



EmavaAnmrikd ©éuara OEPE 2008 4

B) H epamropévn Tng Cq 01O K(l, \/5) éxel Ciowon;

WY, =p(x+X,) rwﬁﬂ(xﬂ)@ﬁw:xH@w:%H% (1).

H epatrropévn Tou Cz oTO /\(1, —\/5) €xel e€iowon:

XX, +YY, =3 N x+L|J(—\/§):3<:> V2p=x-3 w:%x-B% (2).

O1 euBtiec tou Trapiotavouv ol (1), (2) €xouv iOOUC GCUVTEAEOTEC

dieubuvaong ()\=72 ), APa O EQATTTOMEVEC €ival TTAPAAANAEC.
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